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BUOI LIVE SO 03 - ON LUYEN TOAN 11

I. HE THONG KIEN THUC TRONG TAM

1. Goc lwgng giac

Mbi goc luong gidc gbe O duge xac dinh béi tia ddu Ou , tia cudi Ov va s6 do do hay radian cua

no.

s

u
Cung luong gidc duoc xac dinh bai mut dau, mut cudi va s6 do ciia nd trén dudng tron dinh hudng.
Chiéu quay duong 1 ngugc chiéu quay kim dong hd.
Pon vi do goc va cung tron:

v' Pon vi d9: Dé do goc ta thudng dung don vi do. Ta biét: Goc 1° bang % goc bet.

v Pon vi radian: Cho duong tron tim O, ban kinh R va mot cung AB trén dudng tron (O). Ta
no6i cung tron AB c6 s6 do bang 1 radian néu d6 dai ctia no diing bang ban kinh R . Khi d6, ta
cling ndi rang goc AOB c6 sb do bang 1 radian va viét AOB =1rad .

Quan h¢ gitra d§ va radian:

1°= %rad ; Irad = (%) s arad = a.(%j ; a®= a.%rad .

Do dai cung tron: Mot cung ciia duong tron ban kinh R va c6 sd do a rad thi co d6 dai [ = Rex.
Néu mét goc lugng gide (Ou,Ov) c6 s6 do o radian thi moi géc lwong gide clng tia dau Ou , tia
cudi Ov c6 s6 do a+2kz, k€7, mdi goc twong ing voi mot gia tri nguyén cua k. Cac cung
luong giac twong ung trén dudng tron dinh hudng tim O ciing c6 tinh chat nhu vay. Twong tu cho
don vi d0.

H¢ thire Sa-lo: Véi ba tia tuy y Ou, Ov, Ow,tacod

sd(Ou, Ov) + sd(Ov, OW) = sd(Ou,Ow) +k2rx (k IS Z) .
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2. Gia tri lwgng giac cua goc luwgng giac

a. H¢ thure lwong gidc co bdan

l. tanax = sma(a;t£+k7r,keZJ 5. 1+cot’ a =———(a #kr,k € Z)
cosa 2 sin” &
T
2. cotazc?sa(aikﬂ,keZ) 6. tana.cotazl(aik—j
sina 2
.2 2
3.sin"a+cos” =1 7 cota = 1 (a;tk—”)
= tan 2
4. 1+tan’ o =— (a¢—+k7z,ker
cos” o 2
b. H¢ thure lién hé giiva cdc cung dic biét
1. Cung dbi nhau (o va —a) 2. Cungbunhau (a va 7—a)
sin(—a) =—sina sin(7—a)=sina
cos(—a)=cosa cos(m—a)=—cosa
tan(-a) =—tana tan(7—-a)=—tana
cot(—a)=—cota cot(z—a)=—cota
3. Cung phu nhau (a va E—a) 4. Cung hon kém o (a va E+a)
[ wlll
sin| ——a |=cosa sin| —+a |=cosa
3 3+
V4 ) T )
cos| ——a |=sina cos| —+a |=—sina
34 :

T T

tan| ——a |=cota tan| —+«a |=—cota

2 2
T T

cot| ——a |=tana cot| —+a |=—tana
2 2

5.Cunghonkém 7 (o va 7+a)
sin(z+a)=—sina cos(7m+a)=—cosa
tan(7 +7)=tana cot(7+a)=cota
2. Cong thirc lrgng giac
a. Cong thirc cpng

. . tana +tanb
cos(a+b)=cosacosb—sinasinb tan(a+b)=

l-tanatanb
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. . tana —tanb
cos(a—b)=cosacosb+sinasinb tan(a—b)za—
l+tanatanb

. ) ) cotacotb—1
sin(a+b)=sinacosb+cosasinb cot(a+b)=——-—"—
coth+cota

. . . cotacotb—1
sin(a—b)=sinacosb—cosasinb cot(a—b)=——"———

cotb—cota
b. Cong thirc nhan doi, nhdn ba, ha bdc
Cong thirc nhan doi

sin2a =2sinacosa cos2a=cos’ a—sina=2cos’a—1=1-2sin’a

2tana cot’a—1
tan2a = cot2a=—

l1-tan“ a 2cota
Cong thirc nhan ba

sin3x =3sinx—4sin’ x cos3x =4cos’ x—3cosx

3tan x —tan’ x

tan3x = >
1-3tan” x
Cong thirc ha bac
. 1-cos2a ) 1+cos2a
sin“g=——— cos"a=—
2 2
) 1—cos2a ) 1+cos2a
tan"g=——— cottga=————
1+ cos2a 1—cos2a
c. Cong thirc bién tong thanh tich
a+b a-b sin(a+b
cosa+cosb =2cos cos tana+tanbz¥
2 cosacosh
: . a-b sin(a—>b
cosa—cosa =-2sin sin tana —tanb = M
2 cosacosh
) . . a+b a-b sin(a+b
sina+sinb = 2sin cos cota+cotb:,(—.)
2 sinasinb
) . a+b . a-b sin(b—a
sina —sinb =2cos sin cota—cotbzg
2 sinasinb

d. Cong thikc bién tich thanh tong

) 1. . ) . 1
sinacosh = E[s1n(a—b)+s1n(a+b)} sinasinb =E[cos(a —b)—cos(a+b)]

cosacosh = %[cos(a—b)+cos(a+b)}
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Il. PHUONG PHAP XU Li CAC DANG BAI VE GIA TRI LUGNG GIAC CUA GOC
LUGNG GIAC

CAac bai toan thudong gap:

e Tinh so do goc lugng giac va biéu dién trén dudng tron lugng giac, sé do cung lugng giac va
cac gia tri lugng giac

e Tinh gia tri biéu thuc lugng gic

Phwong phap giai:

e Ap dung céc kién thirc phan goc lugng giac, gia tri lwong gidc va cong thic lugng giac
e St dung thanh thao méy tinh casio dé t6i wu thoi gian xir Ii bai toan. Luu y: may tinh can dé

dang don vi goc (d6 hodc rad)

Cau 1. Biét goc luong giac —% dugc biéu dién dudi dang a + k27, k € Z véi a €(0;27). Ménh dé nao

sau day dang?
A. ke(0;4). B. ke(-3;0). C. ke(L6).

Céu 2. Cho géc lugng gide (Ou,Ov) co s6 do —%. Trong céc gia tri 297 22z 6z 4lx

—-——, —; ——, nhiing
77 1717 17
gia tri nao la s6 do cia mdt gdc lugng gidc ¢b cung tia dau, tia cudi véi goc da cho?

A.—29”; 4171'. B _2977;_227r. C _227z; 417z D.6—”, 41z
7 7 7 7 7 7 7 7
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Cau 3. Cho cosaz—% va 7r<a<3?”. Gié tri sinar bang

A =YL B. Y., c.-2 )
4 4 5 3
Chu 4. Biét cota = . Gid trj cita biéu thit A= SS0ET5C05A o,
2 2sina—3cosa
A2 B. L. C. 13. D. 2
9 17 9
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Cau 5. Cho cung x théa man sinx+cosx=%. Khido P= sinx—cosx| = \/%, trong d6 a,b €N va phan
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Cau 6. Chocotx =2 véi 0< x <= va céc bidu thire B = M,& = sin 2x + cos’ x —sin x cos 3x.
2 3sinx—2cosx
Céac ménh dé sau 1a dung hay sai?
Ménh dé bing Sai
a) sinx#0. O O
b) | B =-8. O O
38
c) B, =—. O O
25
166
d) B +B, = "5 O O
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BAI TOAN RUT GON, CHUNG MINH

Ap dung cac cong thirc luong giac dé rat gon, chimg minh biéu thirc
e Vi biéu thirc chra mau: Can dua ca tir va mau vé dang tich dé co thé rat gon biéu thirc

e Bai toan chitng minh c6 thé chiimg minh twong duong hodc bién d61i mot vé vé vé con lai

A S sin x £ 2
Cau 1. Bon gian biéu thirc E = cot x + —— ta duoc két qua
1+cosx

A. ! . B. cosux. C. sinx. D. !

. 2
A ca 1.2 , Sin ¢ +tan o 2 S
Cau 2. bon gian biéu thtc | —— | +1 dugc két qua bang
cosa+1

A. 12 . B. 1+tanc. C. 2. D. !
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Cau 3. Cho biét sinaz%,cosaz—% va cac biéu thuc: A=sin(%—aj+sin(7r+a);

B=cos(7r—a)+cot(%—aj.

Céac ménh dé sau 1a dung hay sai?

Ménh dé Diing Sai
a) A=cosa—-sina . O O
b) B=cosa+tana. O O
27
¢) | A+B==-. O O
20
29
d | 4-B=-Z. © | O
) 20
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DANG 3 UNG DUNG LUGONG GIAC TRONG CAC BAI TOAN HINH HOC

Dé rat ra mbi lién hé giita cac gia tri luong giac cua cac goc trong mot tam giac hodc dé xac dinh dic
diém cua tam giac (vuodng, déu, ...) khi thoa min biéu thic lwong gidc cho trude va nguoc lai can ap
dung céc cong thirc lugng giac va cac tinh chit hinh hoc nhu: tdng ba gbc trong tam giac bang 180°, tam

giac vudng c6 téng hai goc nhon bang 90°,...

Cau 1. Biét 4, B, C 1a cac goc cua tam giac ABC, khi do
A. sinC =-sin(4+ B). B. cosC =cos(4+ B).
C. tanC =tan( 4+ B). D. cotC =—cot(A4+ B).

A. cos(A j=cos£ B. cos(A;Bj=—cos—
C tan( jzc tg. D cot(A+Bj=cot—
2 2
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Cau 3. Cho A4ABC thoéa man s%n A+ s?n B- s%n ¢ = tané . Khang dinh nao sau day la ding?
sin 4+sin B+sinC 2
A. AABC vudng tai 4. B. AABC vuong tai B.
C. AABC vudng can tai 4. D. AABC vubdng cantai B.
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£, Dén do

Hoc sinh hoan thanh cdac Nhiém vu hoc tdp sau:

1. Bai tap tu luyén: https//hocmaivn/de-thi-truc-tuyen/97725/phuong-phap-va-ki-
nang-xu-li-cac-bai-toan-ve-gia-tri-luong-giac.html

2. Chudn bj trudc cdc néi dung kién thic dé budi hoc tiép theo dién ra hiéu qud
e Ham sbé chan, ham sé 1é, ham s6 tuan hoan va dac trung ctia do thi cac ham
s6 do.
e Cachamsélugng gidcy =sinx,y =cos X,y = tan x,y = cot x: tdp xac dinh, tap

gid tri, tinh chan 1, bang bién thién, bang gié tri va dé thi cac ham sé dé.
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