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GOI Y PAP AN
PHAN I: TRAC NGHIEM
Cau 1: [MAP] Chon B.
bKXD: x—%¢§+knc>x¢5?n+kr(,ke Z

Cau 2: [MAP] Chon C.
Cau 3: [MAP] Chon B.
3
Taco | =2 |e (0;7) nén ham s8 y =cosx nghich bién trén E;S—T( :
4 4 4 4
Cau 4: [MAP] Chon A.
Cau 5: [MAP] Chon C.
Cau 6: [MAP] Chon D.

Phuong trinh teong duwong g.cos(x+%j+%.sin(x+gJ =0 cos(x+%—%} =0<cosx=0.

Cau 7: [MAP] Chon A.

Phuong trinh trong duong : cos4x=7=cosz?n<:>4x:iz?n+k2n<:>x=i§+—,kez

Cau 8: [MAP] Chon C.
4sin® x+sin2x—3=0 < sin’ x+ 2sinxcosx—3cos’ x =0
Néu cosx =0thay vao phuong trinh thady khong thoa man

Suy ra cosx # 0, chia ca hai v& cho cos” x ta duoc

T
t =1 x=—+kmt
tan2x+2tanx—3:0@(tanx—l)(tanx+3)=0<:> ax = 4 keZ.
tanx =-3 _
xX= arctan(—3)+kn

Cau 9: [MAP] Chon B.

x—E:E+k27'c
4

Tt
X—E‘sznlkEZ

4 e

. Tt Tt
COSX+SZTZJC=1<:>COS(X—ZJ=COS—<:>
Tt
x——=——+k2n |x=k2n

Xét trong khoang (0;m) ta thady phuong trinh c6 nghiém x = g

Cau 10: [MAP] Chon D.

Cau 11: [IMAP] Chon C.

Taco: 2<2sinx<2=>-1<2sinx+1<3=-1<m<3
Suy ra c6 5 gia tri nguyén ctia m thoa man.

Cau 12: [MAP] Chon B.

PT<:>tan2x=\/§<:>2x=§+k7'c<:>x=%+k7n,keZ.
Cau 13: [MAP] Chon A.
sinx+cosx=0<:>tanx=—1<:>x=—g+kr(,keZ.

Suy ra cac diém biéu dién nghiém ctia phuong trinh trén 1a hai diém A va D.
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Ciu 14: [MAP] Chon D.
—cos’x+4sinx+4 :O<:>sinzx+4sinx+3:0<:>(sinx+1)(sinx+3)=0

@sinx:—l(sinx+3¢O,VxeR)
T
<:>x=—5+k2n,keZ.

Suy ra chi c6 mot diém biéu dién ho nghiém ctia phwong trinh trén.
Cau 15: [MAP] Chon A.

sin2x+\/§cos2x:2mc>c03(2x—%j:m

/4 (A . ks \ ~ 7—(
Ta xét do thi cia ham so cos[Zx - gj nhu sau

v

J3

Nhin vao db thi ta dé thdy d€ phuong trinh c6 hai nghiém thudc khoang (0;7) thi ~1<m < -
Cau 16: [MAP] Chon D.

Cé 5 cach chon chir s6 dau tién;

C4 5 cach chon chir s6 thit hai; 4 cach chon chit s thit ba; 3 cdch chon chi sO thit tw

Vay c6 tat ca 300 s6.

Cau 17: [MAP] Chon B.

Cau 18: [IMAP] Chon A.

Ta thdy véi mdi cach chon ra 3 trong s6 9 ting vién d€ gitr chitc vu t6 truong, t& pho va bi thuw 1a
mot chinh hop chap 3 ctia 9. Vay s cach chon 1a A; =504

Cau 19: [IMAP] Chon C.

Cau 20: [MAP] Chon B.

Cau 21: [IMAP] Chon D.

5
, 2 3(5-k) ko k k' ~k ok .15-4k
Tacd | x’—=| =Ckx =2) xF=(-1) Ct2*x
0( x} 5 ( ) ( ) 5
Theo débai = 15—4k=7 < k=2
Vay hé s8 cua 7 1a (1) .C2.2* =40.

Cau 22: [MAP] Chon C.
n(Q)=C;. Goi Alabién ¢§ chon duoc hai qua bong mau trang

2 Ci 1
Suy ra n(A):C4 :P(A):F:E'
9

Cau 23: [MAP] Chon A.
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Cau 24: [MAP] Chon A.
Phép quay tam O bién diém A(2;0)thanh diém A’(0,2) chinh la phép quay tam O véi goc 90°.
Cau 25: [IMAP] Chon C.

Cau 26: [MAP] Chon D.
Cau 27: [IMAP] Chon B.

1o 5+x,
Ta c6 Ila trung diém cta AB, suy ra 2 =k a="3Y,=
5o 3+y,
2
Cau 28: [MAP] Chon D.
— 2k=—4
Cau 29: [MAP] Chon A. Ta c6 OB=kOA & {31{ y S k=-2.

Cau 30: [MAP] Chon C.

MJi phép tinh tién véi vector u c6 gia cting phuong véi d thi déu bién d thanh chinh né.
PHAN II: TU LUAN

(1+3cos2 Zx) cos5x

Bai 1: Giai phwong trinh: cot® x+1= —
4sin’ x

Loi giai
Diéu kién sinx#0 < x#kn, ke Z
Phuong trinh dé bai twong dwong

sin’ x 4sin® x

(4—3sin2 2x)cos5x
4

(4 —3sin’ 2x)c055 X
4

< 4-3sin’ 2x :(4—351'112 2x)c055x

=S (4 —3sin’ Zx)(l —cos5x) =0

4-3sin’2x =0
=

cosbx=1

< sin' x —sin® x cos® x + cos* x =

< 1-3sin’* xcos® x =

Do 0<sin’2x<1,Vxe R < 1<4-3sin’2x<4

Nén ta co 5x:k27'(<:>x:k27n,keZ.

Két hop vdi DPKXD thi phwong trinh ¢6 cac ho nghiém la x = % +kni,keZ me {1; 2:3; 4}.
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Bai 2: Cho da gidc déu gom 64 dinh. Chon ngau nhién bon dinh ctia da giac. Tinh xac suat dé ti
giac tao thanh cé cac canh déu la cac duong chéo ctia da giac.

Loi giai
Chon 4 dinh bat ki ctia da gidc c6 Cy,suy ra n(Q)=CJ,.

Goi A la bién ¢ " 4 dinh dwgc chon tao thanh mét té gidc c6 4 canh déu la cac duwong chéo caa da

giac"

Ta danh s6 cac dinh cua da giac A, A,, ..., A,,, cac dinh ctia tt gidc can 4

tao la ABCD.

Khong mat tinh tong quat chon A, = A va c6 64 cach chon. D

Ti€p theo chon cac dinh B,C,D theo chiéu nguoc chiéu kim dong ho.
Do céac canh cta tit gidc phai la cdc dwong chéo cuia da gidc nén gitra
cac dinh cua t& giac phai ¢é it nhat 1 dinh khac.

s

Goi x,1a s8 dinh nam gitta A va B;

x, 1a s8 dinh nam gitta B va C;

x,1a s8 dinh nam gifta C va D;

x,1a s6 dinh nam gitta D va A;
Ta o6 {xl,xz,x3,x4 >1

x,+x,+x,+x,=60(1)
Suy ra mdi bd x,,x,,x,,x,1a mdt cdch chon t gidc thoa man.
Xét phuong trinh (1), ta xét mo6 hinh sau day 1111111......11111 goém 60 s6 1 va 59 khoang trong gitra
cacso 1.
Ta thay s6 cach ddt 3 s8 0 vao 59 khoang tréng trén chinh 1a s6 nghiém ctia (1), c6 C;, cach.
64.C;,

Tuy nhién do mdi tit gidc bi 1ap lai 4 [an nén n(A) ==

64.C;
Vay P(A)= o - 08186

64

Bai 3: Cho t& giac 16i ABCD, diém M thudc mién trong ABCD. Goi A’, B’, C’, D’ Ian lwot la diém
do6i xting cua M qua trung diém ctia AB, BC, CD, DA. Chiing minh A’B’C’D’ 1a hinh binh hanh.

Al
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Loi giai
Goi P, Q, R, S Ian luot la trung diém AB, BC, CD, DA
Do A’, B’, C’, D’ Tan luot la diém d6i xting ctia M qua trung diém cua
AB, BC, CD, DAnénP, Q,R, S lan luot 1a trung diem MA’, MB’, MC/,
MD'.

Tacé: PS ) A'D va PS= % A'D', QR J/ BC' va QR = %B’C’.

Ma PS la duong trung binh AABD nén MQ // BDva PS = %BD

QR la duong trung binh ABCD nén QR // BDva QR = % BD

Do d6 A'D j/BC'va A'D'=BC.
Vay A'B'C'D’ la hinh binh hanh.

Bai 4: Cho hai diém A va B ¢6 dinh, c6 AB = 2. Tim tap hop nhitng diém M’ sao cho
MA +MB = MM', biét rang MA’ + MB* =4

Loi giai
Goi O 1a trung di€ém ctia AB. Khi d6 O ¢6 dinh
Tacé6 MA*+MB* =4=AB’ .
Do d6 tap hop nhitng diém M 1a duong tron (C) tim O, ban kinh R=1.
Ta lai co:
MA+MB=MM'

= 2MO =MM’, (Do O 1a trung diém ctia AB)

& OM+OM' =0
Do d6, M'=D,(M).Ma M thudc (C) nén M’ thudc (C’) 1a anh cua (C) qua phép di xiing tam O.
Mt khac, duong tron (C) c6 tam ddi xéing la O nén (C ’) = (C ) )

Vay tap hop nhitng diém M’ la duwong tron duong kinh AB.
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